Abstract. Potassium nanoclusters in aluminosilicate zeolite A shows ferromagnetic properties, although bulk metal of K is nonmagnetic. K clusters are prepared by adsorbing guest K atoms into the supercages (α cages) of dehydrated zeolite A, where supercages with the inside diameter of ∼ 11 Å are arrayed in a simple cubic structure. By the loading of guest K atoms, s-electrons are provided for clusters, and successively occupy 1s-and 1p-like quantum states of cluster. The average number of guest K atoms in a cluster, n, is widely controlled up to 7.2. This material shows ferromagnetism at n > 2 at low temperatures, where s-electrons in the 1p state of clusters are responsible for the ferromagnetism. We have found a fine step at n = 2 in magnetization and g value. The g values of ferromagnetic samples with 2 < n < 6 obviously decrease from 2 at low temperatures, indicating that an enhancement of the spin-orbit interaction (SOI) occurs due to the orbital degeneracy of the 1p state. An enhancement mechanism is proposed based on the Schmidt orthogonalized wave function. In the ferromagnetic sample, an anomalously large magnetization is observed at higher magnetic fields up to 52 T at low temperatures. The level crossing of LS multiplet terms in the degenerate 1p orbital of cluster is proposed as the possible origin of the anomalous increase in magnetization at higher fields. The ferromagnetism coexists with antiferromagnetic coupling between magnetic moments of clusters. The origin of the spontaneous magnetization of the ferromagnetism is interpreted in terms of spin-canting mechanism where the Dzyaloshinsky-Moriya interaction is strongly enhanced by the degenerate 1p orbital of K cluster. Possible structures of K cluster in the supercage are also discussed for the orbital degeneracy of 1p state.
Introduction
Novel electronic properties of alkali metal clusters stabilized in the nanospaces of zeolite crystals have attracted a deep interest. Generally, in alkali-and noble-metal clusters, the quantum size effect leads to discrete energies of conduction electrons, and there appear new properties characteristic of electronic shell structures [1] [2] [3] . Electronic properties of these clusters are quite different from those of the atoms as well as those of bulk metals. The electronic shell structure of alkali-metal cluster has been well calculated by the jellium background model [3, 4] , where positive charges of cations are replaced by a uniformly distributed positive background with the size of cluster. The quantum electronic states 1s, 1p, 1d, 2s, 1f etc. appear in the increasing order of energy in the spherical jellium background model [3, 4] , where p, d and f states exhibit an appearance of orbital angular momentum of confined s-electrons. The jellium model gives us quite simple and clear insight, but some of electronic properties are sometimes out of insight, because of the fine atomic structure of actual clusters.
In the free cluster experiments, a mass spectroscopy has a great advantage in their size selectivity. The photoionization, photodissociation and photoelectron spectroscopies of free clusters have a great contribution to clarify the electronic shell structures of alkali-metal clusters [1, 5] . Usually, such experiments are not applicable to the studies of clusters embedded in matrices. Matrix-supported metal clusters, however, can provide us a wide variety of direct physical measurements with varying temperature, such as optical, magnetic, electron spin resonance experiments.
The quantum size effect in metal clusters is essentially important for the understanding of magnetic properties [6, 7] . The clusters of non-magnetic elements can exhibit magnetic moments when they have an odd number of electrons, for example, and are expected to show quite different temperature dependence of magnetic susceptibility compared to that in bulk metal [6] . Several kinds of materials have been used as the matrixes of alkali-metal clusters. One of the typical and clean matrixes is rare gases, where the clusters are formed by the simultaneous condensation with alkali-metal vapor on to a low temperature substrate. The detailed studies on optical [8] as well as electron spin resonance [9] were carried out on these matrix-isolated alkali-metal clusters to investigate the quantum electronic states, the surface plasmon excitations, g values, hyperfine coupling, geometry of the cluster and their size-dependence and so on. Ordinary matrix-supported alkali-metal clusters, however, have a wide size distribution which obscures their properties.
Alkali-metal clusters stabilized in the nanoporous crystals of aluminosilicate zeolites have a great advantage. Zeolite is crystalline and has regularly arrayed nanospaces with the well-defined size. Mutual interaction between arrayed clusters can lead to macroscopic phenomena, such as magnetic ordering and metal-insulator transition. We can control average number of atoms involved in clusters by adjusting the loading density. We can choose different sizes and different types of array of nanospace by selecting zeolites, such as zeolite A with a simple cubic array of cages having 11 Å inner size, zeolite X with a diamond structure array of cages having 13 Å inner size, etc. In the present paper, we concentrate on the electronic properties of K clusters incorporated into zeolite A (structural type code LTA). This material is known to show ferromagnetism [10] . Recent studies have revealed that the orbital degeneracy of the 1p-like state of K cluster plays an essential role in the appearance of the ferromagnetism.
The present paper is organized as follows. In Section 2, we explain the feature of zeolite crystals as the host material of alkali-metal clusters. The optical properties and the basic electronic states of K clusters in zeolite A are briefly summarized in Section 3. In Section 4, we discuss the spin-orbit interaction (SOI) and the orbital degeneracy of the 1p-like state of K clusters from the results of electron spin resonance. The enhancement mechanism of SOI is discussed in Section 5. The SOI and the orbital degeneracy provide an anomalous magnetization at the high-magnetic field up to 52 T in Section 6. The origin of the ferromagnetism of K clusters in zeolite A is discussed in Section 7 by taking account of the orbital degeneracy of the 1p-like state. Magnetically ordered states found in alkali-metal clusters in other zeolites are also briefly mentioned at the end of Section 7, and some comments are given from the viewpoint of degenerate orbital of cluster. A summary is given in Section 8. 
Zeolite crystals as the matrix of alkali metal clusters
Most of zeolite crystals are aluminosilicates, where the well-defined cages or channels with the size of nanometer are regularly arrayed. Many types of zeolite crystals are synthesized under various growth conditions. They are widely used as molecular sieves, catalysts, adsorbents, builders of detergents and so on [11] . A general chemical formula of aluminosilicate zeolites is given by A a Al a Si b O 2(a+b) , where A stands for exchangeable alkali cations, such as Na + or K + . Cations are distributed in the space of the negatively charged framework Al a Si b O 2(a+b) for the charge compensation. Figure 1 shows a schematic illustration of the framework structure of zeolite A (structural type code LTA). Chemical formula of the primitive unit of structure (β cage) is given by a = b = 12. Closed circles, open circles and those with dots show Si, O and Al atoms, respectively. In the LTA-type structure, β cages with the inside diameter of ∼ 7 Å are connected through the double 4-membered ring with each other, and arrayed in a simple cubic structure. Then, the α cages (supercages) with the inside diameter of ∼ 11 Å are formed among the β cages. The α cages are connected by the sharing of the 8-membered ring with each other, and arrayed also in a simple cubic structure. The lattice constant is 12.3 Å. K clusters in zeolite A are generated by the loading of K atoms into completely dehydrated K-type zeolite A (K-form A) at the number density of n per α cage. The final chemical formula is given by K 12+n Al 12 Si 12 O 48 . The number density of α cage (or β cage) is 5.4 × 10 20 cm −3 . The cations are not shown in Fig. 1 , but the structure of zeolite cations and loaded guest atoms play an important role in the degeneracy of 1p-like state of s-electron as well as the confinement potential for s-electrons, as explained in Section 4 in detail.
By adsorbing the guest alkali atoms into zeolite crystals, the s-electrons are shared among many cations and confined in the cages. Cationic alkali-metal nanoclusters are generated in the cages of zeolite. Optical and magnetic properties have been investigated for various alkali metal clusters in zeolites [10, [12] [13] [14] [15] [16] [17] [18] [19] [20] [21] [22] [23] [24] . Zeolites are thought to be one of the most ideal host matrices or containers of alkali metal nanoclusters. The advantages of the use of zeolite matrices are listed as follows. (1) The maximum size of the cluster is restricted by the size of the zeolite cage, which leads to the equivalent size distribution of clusters.
(2) The average number of s-electrons per cluster can be controlled at a rather wide range, up to around 10, by controlling the loading density of guest alkali metal. (3) The clusters can be generated at very high number-density, ∼ 10 21 cm −3 , which gives an enough signal-intensity for various kinds of physical measurements. (4) The clusters can be periodically arrayed, called a 'cluster crystal' [25] , and they have a mutual interaction through the windows of the cages. Totally, clusters in zeolites can result in macroscopic phenomena such as metallic phase transition and magnetic orderings [10, 20, 26, 27] . A microscopic insight of alkali metal clusters is very important to understand such macroscopic properties. Macroscopic properties are quite unique ones in the solid state physics.
Optical properties and electronic states of potassium clusters in zeolite A
When guest K atoms are adsorbed into K-form zeolite A, 4s electrons of the K atoms are shared among several K + cations in α cage and repulsed by the negatively charged framework. A cationic K cluster is generated in the α cage. The value of n is equal to the average number of s-electrons per cluster. The primitive electronic states of K cluster in zeolite A can be well explained by assuming that electrons are confined in the spherical-well potential with the inside diameter of α cage, 11 Å. This resembles the jellium-background model, but the potential well is formed not only by the attractive force of alkali cations but also by the repulsive force of negatively charged zeolite framework which gives the wall of the potential well. The quantum states 1s, 1p, 1d and so on appear in the increasing order of energy as shown in Fig. 2 . The states 1s, 1p and 1d have the degeneracy of 2, 6 and 10, respectively, including spin as shown in the parentheses in Fig. 2 . When we set the inside diameter of the spherical well potential as 11 Å, which is same as that of the α cage, the energy difference between 1s and 1p states is calculated to be 1.2 eV.
Optical properties of K clusters in zeolite A have been investigated in detail with changing systematically the K-loading density [28] . A significant absorption band is observed at infrared region 1.2 eV in dilutely K-loaded K-form zeolite A. There was no absorption at visible and ultra-violet regions. This absorption band can be explained by neither K atom nor bulk K metal. This band is assigned to the 1s-to-1p allowed transition of K clusters formed in the α cage. The value of n can be controlled up to ∼ 7.2 in K-form zeolite A. With increasing K-loading density, new bands at 1.5 and 2.0 eV grown systematically with n are observed at n > 2 in the optical reflection spectra [28] . They are assigned to the 1p-1d transition of K cluster. The band at 2.0 eV has large oscillator strength, and is explained by the surface plasmon-like excitation which is the collective motion of electrons confined in cluster. These results clearly show the successive occupation of 1s and 1p states by s-electrons with increasing n, where the first two electrons occupy the 1s state and the next electrons the 1p state. This is the shell model. A finite contribution of the Drude term is extracted from the analysis of reflection spectrum down to 0.5 eV [28] . However, there is no direct evidence of the Drude-like metallic absorption. The Urbach tail absorption was observed down to 0.3 eV at any values of n [29, 30] , indicating the Mott-Hubbard type insulator of magnetic materials. Even at much lower energies, a metallic absorption was not observed down to 0.05 eV in K clusters, but a metallic absorption has been observed in Rb and Cs clusters [24] .
Adjacent α cages are connected at the window of 8-membered ring. This may lead to the mutual overlapping of cluster wave functions. A finite energy band width of electrons localized in K clusters can be expected, according to the analogy of tight-binding model. Recently, Arita et al. [31] have performed the first-principles band calculation on non-loaded and K-loaded zeolite A. The calculated band structures are surprisingly simple and consistent with the tight-binding model formed by the 1s and 1p electronic states of clusters. They expressed this result as "supercrystal", namely the crystal of "superatoms". If the value of n is equal to 2, 1s state is fully occupied as the closed shell cluster. The sample is expected to be an ordinary band insulator. When 1s or 1p state is partially occupied at n = 2, samples must be metallic in the band picture. All of experimental results, however, show insulating properties, as mentioned above. According to the calculation [31] , the unscreened Coulomb repulsion energy of two 1p-electrons in the same cluster is estimated to be about 4 eV. This value is much larger than the calculated value of 1p-band width ∼ 0.4 eV. Hence, the expectation of Mott-Hubbard insulating state is consistent with the experimental result.
Electron paramagnetic resonance and orbital degeneracy of potassium clusters in zeolite A
The g value of electrons in materials deviates from that of free electron value 2.00232, when the electrons have an SOI. The g value of free atoms with an orbital angular momentum is given by the Landé's g-formula, because of the rotational symmetry of free atoms. This value is much smaller than 2. In a solid, however, the crystal field quenches the orbital angular momentum even at a cubic symmetry. A small amount of orbital angular momentum appears by the mixing with higher excited states. If the electron in cluster contains a rotational part in degenerate quantum states, a finite orbital angular momentum recovers, which leads to an enhancement of the SOI at low temperatures. The g-value decreases in some degree from 2. At finite temperatures, cluster vibrations violate a rotational symmetry, and the SOI decreases. Therefore, the g value is quite sensitive to the symmetry and degeneracy of cluster.
We employed an X-band (9.7 GHz) electron spin resonance measurements for K clusters in zeolite A at paramagnetic temperatures. The K-loading density and the temperature dependences of g value reveal the SOI enhanced by the orbital degeneracy of 1p state. Possible structures of K clusters are also discussed. In Fig. 3 , the g value of K clusters in zeolite A is plotted as a function of n [32] . The closed and open circles are the data measured at 10 and 300 K, respectively. The g value of bulk K metal is 1.9997 at liquid helium temperatures [33] , as shown by horizontal dashed-and-dotted line in Fig. 3 for comparison. At n < 2, the g value is close to that of bulk K metal, and almost temperature independent. At n > 2, the g value suddenly decreases. The g value obviously decreases down to 1.996 at 10 K for 2 < n < 6, and increases for n > 6. The g value at 300 K shows a remarkable decrease at n = 7.2. These results indicate that the SOI is large for n > 2. The temperature dependence for n < 6 is reverse to that for n > 6. The observed enhancement of the SOI in Fig. 3 can be explained by the orbital degeneracy of the 1p state of K cluster, as follows [32] . When 4s electrons of guest K atoms occupy the 1s state of K cluster for n 2, the large SOI is not expected, because the 1s state has no orbital angular momentum. The SOI comes only from the contribution of the excited states. When n exceeds 2, 4s electrons of guest K atoms occupy the 1p state of K cluster. If the 1p orbital is degenerated and the orbital angular momentum is finite, the SOI is remarkably enhanced. If the degeneracy for n > 6 is not perfect, the SOI is reduced. At 300 K, molecular vibration may reduce the SOI for n < 6 and the g value shows intermediate value. Molecular vibration increases the degenerate component at 300 K for n > 6, then the SOI may increase at higher temperatures. The α cage has the O h symmetry, but the wave function of electrons is largely changed by the distribution of K cations. Hence, the triply degenerated state of 1p orbital can not be kept. Three cation sites are known in non-loaded zeolite A as shown in Fig. 4 . The site I is near the 6-membered ring along the three-fold axis. There are eight equivalent positions in the unit cell. They are fully occupied by K cations as shown in Fig. 4 (a) by the gray circles. The site II is in the plane near the center of the 8-membered ring, as shown by open (white) circles in Fig. 4 (a). There are three equivalent positions of the site II, because the 8-membered ring is shared by adjacent α cage. They are fully occupied by K cations. Eleven K cations stay at sites I and II. One more cation exists in non-loaded zeolite A. The site III is beside the 4-membered ring inside the α cage, as shown by closed (black) circle in Fig. 4 
(a).
There are twelve equivalent positions of site III in the α cage. One of these sites is occupied by the last K cation. This is called "twelfth cation". Then, totally twelve K cations are distributed in the α cage at the sites I, II and III in the non-loaded zeolite A. According to the structural analysis of K loaded K-form zeolite A [34, 35] , the extra K cations of the guest K atoms mainly occupy the empty position of site III. The fully occupied sites I and II can keep the O h symmetry of α cage, but the cations at the site III may degrade the symmetry, because this site is not fully occupied even at the saturated sample at n = 7.2, where 7 or 8 guest K atoms are loaded. This may quench the degeneracy of the 1p orbital. Hence, it is very hard to expect triply degenerate states of 1p orbital.
If we assume some cation configurations of the site III for the K-loaded samples, we can find doubly degenerated states as shown in Figs 4(b) and (c), where 3 and 5 guest K atoms are assumed at sites III, respectively. In Fig. 4(b) , three guest cations and twelfth one are assumed at square form to have the C 4 symmetry, as shown in Fig. 4(b) (note that the cations in the sites I and II are neglected in this figure). Three s-electrons of guest K atoms occupy quantum states as shown in the right-hand-side of Fig. 4(b) . In this case, 1p x and 1p y states are degenerated, and have the energy lower than 1p z state because the cations have an attractive potential for electrons. Similarly, if we assume the five guest cations, as shown in Fig. 4(c) , the C 3 symmetry can be realized. Of course, we can assume many other arrangements in the distribution of K cations different from that shown here. The x-ray structural analysis provides us only an average structure. There is no direct evidence of these local structures of K clusters at the present stage, but we can explain the orbital degeneracy of 1p state in K clusters in zeolite A, if we assume high symmetry structure as shown in Fig. 4 .
Enhancement mechanism of spin-orbit interaction
Generally, the orbital degeneracy can be quenched by the Jahn-Teller effect at low temperature. However, if the spin-orbit interaction (SOI) energy is large enough to overcome the Jahn-Teller distortion, the lift of degeneracy can be suppressed. The quenching of the Jahn-Teller effect by the atomic spinorbit coupling has been observed in the photoelectron spectra of small tin free-clusters [36] and also theoretically predicted in small lead clusters [37] . In the present alkali metal clusters, the atomic spinorbit is absent, because of the closed shell structure of K cations and 4s-state of K atoms. From the microscopic point of view, the asymmetric potential induces 4p or higher atomic orbitals. The total SOI arises from the orbital angular momentum of 1p-state of cluster. This may be new type of phenomenon.
As discussed in the previous section, the doubly degenerate 1p-state is stabilized at low temperatures. With increasing temperature, the thermal vibration along the adiabatic potential may invalidate the effect of degeneracy, because symmetry of cluster dynamically deforms to lower symmetries. Then, the effective SOI decreases and the g value increases at higher temperature (the g value approaches 2). The observed temperature dependence of g value at 2 < n < 6 can be explained by the above mechanism, indicating that the SOI is large enough to suppress the Jahn-Teller effect at low temperatures. On the other hand, for the saturated K-loading sample at n = 7.2, the orbital degeneracy is quenched due to the lower symmetry of cation arrangement. With increasing temperature, lower symmetry state can be dynamically hybridized with higher symmetry state. Then, the effective SOI increases and the g value decreases at higher temperatures (the g value deviates from 2).
For the quantitative estimation of the SOI of alkali-metal cluster, the jellium background model or the spherical-well potential one is quite insufficient and not applicable, because of the neglecting of local potential given by cation cores. Generally, the SOI H so is proportional to the derivative of the static potential, namely H so ∝ (l · s)/r · dV (r)/dr. In the jellium background model of cluster, the cation-core potential is averaged and the effective potential is quite smooth. This may give a negligibly small SOI. The actual potential of cluster, however, violently changes inside the cation-core. Hence, cations are expected to enhance the SOI.
In order to estimate the SOI including the effect of cation-cores, we need to improve wave functions of electrons, which are strongly modified inside the cation-cores, because the wave functions derived from the jellium background model are not orthogonalized to the cation-core wave functions. Smith calculated the spin-orbit splitting energy of the first optically excited state of the F centers in alkali halides by using the Schmidt orthogonalized wave function [38] . He succeeded to explain quantitatively the experimental values of spin-orbit splitting energy of the excited p-like state of F centers. We applied the Schmidt orthogonalized wave function to the alkali metal clusters in the zeolite cages and roughly estimated the SOI of the 1p state. In the case of K cluster, the wave functions of electrons are mainly constructed by 4s atomic orbital of K atoms, and an asymmetric potential induces the 4p-like atomic orbitals which contribute to the SOI of the cluster.
The Schmidt orthogonalized wave function [38] is given by
where u µ is the cluster wave function such as 1s-, 1p-, 1d-like orbitals, and ϕ α the cation core wave function, such as 1s-3s or 2p ν -3p ν (ν = x, y, z) orbitals in case of potassium, where the shell configuration of K atom is given by (1s) 2 (2s) 2 (2p) 6 (3s) 2 (3p) 6 (4s) 1 . The function φ µ is orthogonal to the occupied cation wave function:
Now, we assume that the cluster orbitals are 1p x , 1p y and 1p z , and we denote u µ as u x , u y and u z , respectively. The expected value of the SOI for the orbital angular momentum of z-direction is calculated by the Schmidt orthogonalized wave functions of φ x and φ y . The SOI of cluster is measured by the energy difference, E SO , between the states 2 P 3/2 and 2 P 1/2 , where the respective rotational directions of orbital is parallel and antiparallel to that of spin:
In usual calculation, a degeneracy of the 1p-like state is assumed to be lifted, and non-degenerate orbitals are used for the calculation, because of the expectation of lower symmetry of cluster. In such case, the expected value of SOI is given by the perturbation term via the excited states. In the present model, however, the degeneracy of the orbital is kept, because the cluster in zeolite has a high symmetry. The expected value of Eq. (4) is given by the sum of three parts < φ x |H so |φ y >= ε 1 + ε 2 + ε 3 , where
The term ε 1 is the cluster orbital term, ε 2 the cluster orbital vs. ion core term, and ε 3 the ion core term. If u is 1s cluster orbital, the expected value of SOI is zero, because the total angular momentum of cluster is zero. If u is 1p cluster orbital, the expected value becomes finite. The contributions of three terms are quite different. The values of ε 1 and ε 2 are expected to be very small, because the cluster potential given by the jellium background is quite smooth compared with the atomic potential. The derivative of this potential scarcely contributes to the SOI of cluster. The main contribution comes from the last term ε 3 . This term can have a large value, only when both u µ and ϕ α have an orbital angular momentum. Main contribution comes from the term α = β. Actually, S xα S yβ has non-zero value, if α and β are np x and np y core orbitals of cations, respectively. This term is enhanced by the following two mechanisms in heavy alkali metals. One is the strong cation-size-dependence on S xx S yy . According to the rough estimation, S xx S yy is proportional to the 5th power of cation size. The second reason is that the atomic SOI in the np states of ion core, 2 < ϕ x |H so |ϕ y >, is quite large. For example, the SOI energy of K 2+ , namely 3p hole, is -268 meV. That of Na 2+ , namely 2p hole, is -169 meV. In order to make order estimation, we calculate the value of S xx S yy under the some simplification of the wave functions. Here, we use 1p wave function given by the infinite spherical well potential as a trial function. Then, cluster wave functions u x , for example, is given by where a is the radius of cluster, and β is given byβa = 4.4934. The true ion core wave function is complicated because of many electrons. In the present paper, we used 1p wave function with the size of cation, instead of the true core wave function. This assumption is bold, but tentatively enough to make the order estimation of the SOI. The estimated value of S xx S yy is given for K cation and cluster radii, 1.33 and 5.5 Å, respectively, in Fig. 5 . The abscissa r/a means the cation position from the center of cluster. The r-dependence is calculated by the derivative of the 1p state. In the plot of S xx S yy , we choose two different axes for cation position; along z-axis and in the xy-plane. Schematic illustration of the rotation component of electrons surrounding cations is shown in Fig. 6 . The rotation of 1p electron of cluster and that of induced p-like atomic wave function are indicated by black and white circles with arrows, respectively. The direction of rotation at cations in the xy-plane is opposite to that of 1p electron of cluster, as shown later.
The value in Fig. 5 indicates that the SOI strongly depends on the position and direction of cation. At the center, r = 0, the value shows that the SOI is about 0.7% of cation core. Near the surface in the xy-plane, the SOI has a negative sign. At r ∼ 3.7 Å (r/a ≈ 0.66), for example, the value is -0.13%. In zeolite supported clusters, there are specific cation sites inside the α cage, and they are located at r ≈ 4 Å). Especially, it is noted that there is no cation at the center of cluster. The total value of SOI is given by the sum of the contribution of all cations and multiplied by the SOI of core electrons. The SOI contribution from a cation near z-axis poles is canceled by cations in xy-plane. If the number of cations near the xy-plane is larger than those near the z-axis poles, the sign of total SOI of 1p state in cluster is opposite to that in 4p state of K atom, where the energy of 2 P 3/2 state of K atom is 7.16 meV higher than that of 2 P 1/2 state. For example, in the structure shown in Fig. 4(b) , the sign of total SOI of cluster is expected to be opposite to that in atomic SOI, similarly to that in F -center [38] . The number of cations included in the cationic cluster in xy-plane is eight including site II. The rough value of SOI is ten times of the SOI of cation in xy-plane. The total SOI amounts to about -1% of K atom core of 3p level at maximum. This value is about -3 meV. The negative value means that 2 P 3/2 state is lower than 2 P 1/2 state. This value may be over estimation, and the upper limit may be given. If we assume the structure shown in Fig. 4(c) , the sign of SOI may be the same with that in the 4p state of K atom, and the value may be a few meV. For detailed discussion of the values, however, we need to improve the numerical calculation by using accurate wave function of clusters. The SOI of cluster is also changed if the cluster contains many electrons. The SOI of cluster is formally given by the total orbital angular momentum L and total spin angular momentum S as λL · S, where λ is the SOI energy coefficient of cluster. The sign of λ usually changes depending on the total number of electrons. The SOI of hole has the opposite sign.
In an alkali-metal doped fullerene of Rb 3 C 60 , the ESR spectrum is much broader than that in K 3 C 60 [39] . The origin of the broadening is assigned to the enhancement of the SOI on Rb atoms. The conduction electrons mainly occupy the t 1u orbital of C 60 . Formally, the SOI is possible for the degenerate t 1u orbital partly extended to Rb atoms. However, the main part of the wave function on the Rb atom is 5s. Hence, we need a further explanation on the enhancement of SOI. According to the similar model presented here, the tail part of t 1u orbital induces 5p-like orbital on Rb atom. The rotational motion of 5p electron on Rb atom is expected to enhance the SOI in the t 1u orbital of C 60 in Rb 3 C 60 .
In nucleus, the shell structure of a single particle state of neutrons or protons has been well understood as the basic model of nuclear structure [40] . The single particle states, such as 1s, 1p, 1d states, are often calculated by the Woods-Saxon potential which is quite smooth as the function of distance from nuclear center. The SOI in nucleus plays an important role in the explanation of the magic number, such as 28, 50, 82, which are different from the regular magic number in the shell model, such as 20, 40, 70. The rather strong SOI in nucleus is explained by the short-range nucleonic two-body-interaction. This SOI has a large contribution near the nuclear surface, and is rewritten in the single particle potential form with the large SOI coefficient of the derivative term.
The SOI in alkali metal clusters has some analogy with that in nucleus. The single particle potential derived from the jellium model is quite insufficient for the explanation of the large SOI observed in experiments. The short-range two-body interaction between cluster electron and cation core electron plays an important role in the enhancement of the SOI, when the cluster electron has an orbital angular momentum. According to the Schmidt orthogonalized wave function technique, the derivative of the 1p-like cluster electron wave function has a large contribution to the term ε 3 , because of the derivative term of cluster wave function leads to a large expectation value of S µα given in Eq. (2). 
High magnetic field magnetization process and orbital degeneracy of potassium clusters in zeolite A
In this section, we show the magnetization process of K clusters in zeolite A. The detailed mechanism of this ferromagnetism will be discussed in the next section. An anomalously large magnetization was observed at high magnetic field at low temperatures in ferromagnetic samples [41] . Figure 7 shows the magnetization of K clusters in zeolite A with n = 4.5 measured at T = 1.3 and 10 K by using a pulsed magnet at KYOKUGEN, Osaka University [41] . The Curie temperature of present sample is ∼ 6 K.
The magnetization at 1.3 K rises at very low fields due to the very soft ferromagnetism. The value of magnetization up to ∼ 25 T increases slightly in proportion to the applied field H. The origin of the spontaneous magnetization of K clusters in zeolite A has been interpreted in terms of the spin-cant mechanism of antiferromagnetically ordered spins [42] . An H-linear increase at H < 25 T at T = 1.3 K in Fig. 7 can be well explained by the increase in the spin-canting angle [43] . At H > 25 T, however, the magnetization suddenly gains the increasing rate. The magnetization is still increasing at 52 T and amounts to 6.7 G for 1.3 K. This magnetization corresponds to the magnetic moment of ∼ 1.3 µ B per α cage (left hand side of the scale). On the other hand at 10 K, magnetization keeps a constant increasing rate up to 52 T. As shown in Fig. 8 , the magnetic susceptibility, χ, of the present sample shows the Curie-Weiss law. The observed Curie constant ∼ 3.2 × 10 −4 K emu/cm 3 corresponds to ∼ 95% occupancy of the α cage with the magnetic moment of the spin quantum number s = 1/2 at g = 2. This value corresponds to 4.8 G (0.95 µ B per α cage), as shown by the horizontal dashed-line in Fig. 7 . Observed magnetization 6.7 G at 52 T for 1.3 K exceeds the value estimated from the Curie constant. It is noticed that the magnetization process in Fig. 7 cannot be explained by the frequently observed metamagnetic properties, such as a spin-flop behavior.
There have been several reports on the field-induced increase in magnetic moment of clusters, such as Cr-dimer complexes [44] . The stepwise increase in the magnetization is well understood as a spincrossover between lower-spin and higher-spin states [44] . In these materials, the temperature dependence of magnetic susceptibility deviates from a Curie-Weiss law, because of a thermal distribution of multiple spin states. In K clusters in zeolite A, however, a Curie-Weiss law is clearly observed from ∼ 40 K up to the room temperature as seen in Fig. 8 . Furthermore, the anomalous increase in the magnetization is observed only at low temperatures as seen in Fig. 7 . Therefore, the mechanism of increase in the magnetization is different from an ordinary spin-crossover. Here, we propose a new mechanism based on a SOI in the degenerate 1p state of K cluster at low temperatures. As mentioned in Section 4, the g value of the K clusters in zeolite A obviously decreases at low temperature for the samples with 2 < n < 6. This result is interpreted in terms of a large SOI due to the degeneracy of the 1p state of cluster [32] . When the 1p state is triply degenerated in orbital, LS multiplet with an orbital angular momentum L = 1 and spin angular momentum S = 1/2 splits into two multiplets with the total angular momentum J = 3/2 and 1/2, because of the SOI. In a possible structure of K + cation arrangement inside the α cage (cluster), the doubly degenerate state may be possible as shown in Fig. 4(c) , where five electrons are confined in a cluster. The non-degenerate 1p(A u ) state may have a lower energy than 1p(E u ) state due to the crystal field. Five s-electrons are confined in the cluster, where two for 1s state, two for 1p(A u ) state, and the last one for 1p(E u ) state. The 1p(E u ) state splits into two multiplets with J z = ±3/2 and ±1/2, as shown in Fig. 9 , where the first two electrons in 1s state are omitted. If the ground state of K cluster is the J z = ±1/2 level of 1p(E u ) state at zero field, a crossover with the J z = ±3/2 level of 1p(E u ) state will occur at a certain magnetic field, which is indicated by H c in Fig. 9 . Since J z = ±3/2 state has a larger magnetic moment due to the contribution of the orbital magnetic moment, the magnetization may suddenly increase at a critical field, H c . However, the z-axis of clusters is randomly oriented against the applied field in the powder sample. Hence, the increase in the magnetization results not in the stepwise but in the slope-wise change as observed in Fig. 7 . If the ground state of K cluster is the J z = ±3/2 or 1p z state, an anomalous increase in magnetization is not expected.
If we assume the critical field, H c , is 25 T from the magnetization curve in Fig. 7 , the spin-orbit splitting energy can be estimated to be ∼ 1.5 meV from the Zeeman energy. This value is consistent with Fig. 9 . Expected energy diagram of the degenerated 1p state of K cluster in α cage of zeolite A and its external-magnetic-field dependence. The 1p state has the orbital and spin angular momentums L = 1 and S = 1/2, respectively. The crystal field splitting is given as the doubly degenerated ground state in a structure model of Fig. 4(c) . Five electrons including two in 1s-state occupy the levels. Spin-orbit interaction makes a splitting of 1p(Eu) state. If the ground state is the state Jz = ±1/2 at zero field, a crossover with the state Jz = ±3/2 will occur at the critical magnetic field HC.
the order estimation given in Section 5. Therefore, the spin-orbit crossover mechanism for the sudden increase in the magnetization is consistent also from the quantitative point of view.
Sample with n = 7.2 shows a typical Curie law of paramagnetism without any intercluster interaction, although 75% of cages are occupied by the magnetic moment with spin 1/2 [30] . The non-degenerate orbitals of clusters may have an orthogonal orientation with each other. In this sample, the temperature dependence in g value is opposite to the samples at 2 < n < 6 as shown in Fig. 3 . The quench of orbital degeneracy can be explained by the lower symmetry of cation arrangement. The observed magnetization obeys Brillouin function without any anomalous increase in magnetization up to 50 T (the data are not shown here). This is because the orbital degeneracy is completely lifted at low temperatures, as discussed again in Section 7.
Ferromagnetism and orbital degeneracy of potassium clusters in zeolite A
K clusters in zeolite A is a quite novel ferromagnet, because the ferromagnetism is realized by the mutual interactions between s-electrons confined in the K clusters, and also magnetic element, such as 3d transition metal or 4f rare-earth metal, is not contained [10, 26] . The magnetic interaction between clusters are realized by direct exchange interaction due to the overlap of wave functions of clusters through the window (8-membered ring) of the α cages [26] . According to the optical studies, this material is insulating at any value of K-loading density, n [29, 30] . Hence, this material is assigned to the Mott-Hubbard type insulator as discussed in Section 3. Figure 10 shows the temperature dependence of magnetization for K clusters in zeolite A at n = 4.5 measured under the applied field of 100 Oe. The K-loading density of this sample is the same as that shown in Figs 7 and 8. With lowering temperature, the magnetization suddenly increases at ∼ 7 K, and shows ferromagnetic value at lower temperatures. The Curie temperature 6 K is confirmed by the Arrott plot analysis of the temperature dependence of magnetization curve. At higher temperatures, the magnetic susceptibility obeys Curie-Weiss law with a negative Weiss temperature, T W , as shown in Fig. 8 in the previous section. The negative value of T W indicates the antiferromagnetic coupling between the magnetic moments of clusters. This result indicates that the spontaneous magnetization coexists with the antiferromagnetic coupling. Therefore, the ferromagnetic magnetization at low temperature is not ascribed to an ordinary ferromagnetism. The T C and T W show a strong n-dependence as summarized in Fig. 11 [30, 45] . At n 2, no magnetic ordering is observed above 1.8 K. The observed magnetic moment at low temperatures is very small compared to the number of loaded electrons. This result suggests that spin-singlet states are generated due to the dimerization of magnetic clusters at low temperatures [46] . At n > 2, the ferromagnetic property suddenly appears and T C shows a finite value as seen in Fig. 11 . The negative T W develops, simultaneously. The T C and the T W show the maximum and minimum values of 7.5 K and -35 K, respectively, at around n = 3.5. Then, the absolute values of T C and T W decrease with increasing n, and continuously approach 0 K at the saturated K-loading density of n = 7.2.
The sudden appearance of ferromagnetism at n > 2 is clearly seen in the n-dependence of magnetization at 2 K, as shown in Fig. 12 , where a weak external magnetic field of 5 Oe is applied [32] . The magnetization is shown in the logarithmic scale. It is emphasized that the magnetization shows a quick rise at n = 2 in several orders. The magnetization at n ≈ 4, for example, is about four orders of magnitude larger than that at n < 2. It is clear that the spontaneous magnetization is observed only at n > 2. The maximum value of the magnetization is ∼ 1.3 G at n ∼ 5. This value corresponds to the magnetic moment of ∼ 0.26 µ B per cluster. At 2 < n 3, the magnetization is more than one order of magnitude smaller than this value as seen in Fig. 12 . On the other hand, the maximum saturation moment estimated from the Curie constant is nearly n-independent and is 0.8-1.0 µ B per cluster at n ∼ 3 [42] . Hence, the value of spontaneous magnetization continuously changes with increasing n from a few percent to about 30 percent of the maximum saturation moment at n > 2.
According to the spherical well potential model of cluster shown in Fig. 2 , the electrons of guest K atoms occupy the 1s state at n 2. When n exceeds 2, the electrons start to occupy the 1p state. There is no doubt that the ferromagnetic phase boundary at n = 2 is in close relation to the electron occupation of the 1p state of K cluster. Therefore, it is concluded that the 1p state of K cluster is responsible for the spontaneous magnetization in K clusters in zeolite A. Moreover, as discussed in Section 4, the orbital degeneracy of the 1p state is stabilized at low temperature in the ferromagnetic samples with 2 < n < 6. Hence, the orbital degeneracy of the 1p state may play an essential role in the spontaneous magnetization of ferromagnetism. In order to explain the coexistence of the spontaneous magnetization and the antiferromagnetic coupling, two different mechanisms are possible in general. One is the ferrimagnetism, where the antiferromagnetic ordering of two (or more) magnetic sub-lattices with different magnetic moments generates the spontaneous magnetization. It is, however, not easy to explain the value of the spontaneous magnetization and its continuous increase with n [30, 42] . Furthermore, a spin-flop behavior characteristic of ferrimagnetism is not observed in the magnetization process up to 52 T as mentioned in Section 6 [41] . Therefore, the ferrimagnetism model is not applicable to the origin of spontaneous magnetization. The most plausible model is a weak ferromagnetism due to the canting of antiferromagnetically ordered magnetic moments. The spin-canting mechanism can explain a small spontaneous magnetization observed at 2 < n < 3 and its continuous increase with n, because this can be understood by the change of the spin-canting angle. The magnetization curves at higher magnetic fields also can be explained by this model except for the crossover phenomena discussed in Section 6 [43] .
In the muon spin relaxation (µSR) spectra, strong internal magnetic field of several hundred Oelsteds is observed below T C [47, 48] . The direction of the internal field is, however, found to be easily changed by a weak external field of ∼ 10 Oe. This result seems anomalous, but the soft magnetization process of the spin-canted system can explain well the external-field sensitivity of the internal field [47, 48] . Usually, the spin-canting interaction is caused by the Dzyaloshinsky-Moriya (DM) interaction [49, 50] . The DM interaction (namely, the asymmetric exchange interaction) is given by the second-order perturbation through the SOI in the case of non-degenerated states. Hence, the DM interaction is usually much weaker than the isotropic exchange interaction. The DM interaction provides the spin canting with small angle to antiferromagnets, resulting in the small spontaneous magnetization. In ordinary spin-canted antiferromagnets, such as CoO 3 [51] or α-Fe 2 O 3 [52] , the value of the spontaneous magnetization is only in the order of one percent or less of the localized magnetic moment.
K clusters in zeolite A, however, exhibit much larger spontaneous magnetization, such as about 30% of the localized magnetic moment at the maximum. In order to explain such a huge value of magnetization, anomalously strong DM interaction should be assumed. According to the theory by Tachiki [53] , the DM interaction is strongly enhanced by the orbital degeneracy up to the value comparable to the isotropic exchange interaction. As discussed in Section 4, the orbital degeneracy of the 1p state is realized at low temperature in the ferromagnetic samples with 2 < n < 6. Therefore, the degeneracy may be the origin of the strong DM interaction resulting in the large spontaneous magnetization of K clusters in zeolite A. Usually, the appearance of the DM interaction is closely related to the symmetry of the magnetic ion sites, namely K cluster in the present sample. A superstructure has been observed in the x-ray diffraction experiment [54] . This is due to the periodic modulation of the number of K + cations in the α cages [34, 35] . The contrast of this modulation is found to increase with n [35] . The asymmetry of electronic potential between adjacent α cages may increase the DM interaction and decrease the isotropic exchange interaction. The superlattice structure may enhance the canting-angle, because the canting-angle is determined by the ratio of the DM interaction and the isotropic exchange interaction. A detailed analysis of the local structure, however, is required for the discussion of the integrated value of DM interaction in the three dimensionally arrayed 1p orbitals.
For the saturated K-loading sample at n = 7.2, the Curie's law is observed [30] . According to the analysis of the magnetization curve and the Curie constant, about 75% of α cages are occupied by the magnetic moment with the spin quantum number s = 1/2 [30] . It is strange that the interaction between magnetic moments of K clusters completely disappears, although the value of 75% exceeds sufficiently the percolation limit of a simple cubic lattice. In this sample, the orbital degeneracy is thought to be quenched as mentioned in Section 4. In a K cluster involving seven s-electrons, a hole state is generated in the 1p state, because of the occupation of five s-electrons in the 1p state. If the non-degenerate hole-orbitals of adjacent clusters are orthogonalized with each other, the exchange interaction between the holes in adjacent clusters may disappear. If the orthogonal-ordering of non-degenerate 1p orbitals is realized in the saturated K-loading sample, paramagnetism can be explained well. Further investigation is required to clarify the proposed orbital ordering at n = 7.2 by referring the structural analysis [34, 35] .
Recently, ferromagnetic properties are observed also in Rb clusters incorporated into zeolite A [23, 24] . The n-dependence of magnetic properties, however, is entirely different from that of K clusters. The ferromagnetism appears only at n > 4. The electron concentration of n = 2 is not the critical point in the appearance of ferromagnetism in Rb clusters, unlike K clusters. This result indicates that the orbital degeneracy of 1p state does not play an essential role for the ferromagnetism in Rb clusters. Therefore, the origin of the spontaneous magnetization in Rb clusters may be different from that in K clusters. A model of ferrimagnetism is proposed to explain the spontaneous magnetization of Rb clusters in zeolite A, where Rb clusters with non-equivalent magnetic moments are formed in the α and β cages, which are coupled antiferromagnetically [23, 24] .
Finally, the magnetically ordered states found in alkali-metal clusters in other zeolites are briefly mentioned here, and some comments are given from the viewpoint of the orbital degeneracy of cluster. Antiferromagnetic orderings have been found in Na [20] and K [55] clusters in sodalite (structural type code SOD) below the Néel temperatures of 48 and 72 K, respectively. In the SOD-type structure, the β cages are arrayed in a body centered cubic structure. In each β cage, an s-electron is trapped by four alkali cations, namely Na cluster. According to the spherical potential well model of cluster as shown in Fig. 2 , one electron occupies the 1s state in these clusters. They are in the just-half filled condition to form a Mott-Hubbard insulator. The orbital degeneracy has no contribution to these materials. Several theoretical calculations have been also performed in Na and K clusters in sodalite [56] [57] [58] [59] [60] [61] [62] .
The Néel's N-type ferrimagnetism is recently found in Na-K alloy clusters incorporated into low silica X zeolite (structural type code FAU) [27, 63, 64] . And also, very recently, new ferromagnetic state is found in K clusters in low silica X zeolite with high electron densities achieved by new technique of pressure doping [65, 66] . In the FAU-type structure, two different cages, the β cages and the supercages of FAU, are arrayed in a diamond structure. The samples are thought to be metallic, and the stability of the ferrimagnetism or the ferromagnetism may be closely related to the itinerant electron ferromagnetism. The degeneracy is expected to contribute the stability of itinerant ferromagnetism. This point has attracted a deep interest in theoretical study, and sometimes discussed by using the degenerate Hubbard model. In the present cases of alkali-metal clusters, the degeneracy of 1p-or 1d-state is expected to enhance the stability of the itinerant electron ferromagnetism. This discussion is, however, rather speculative at the present stage. Further investigations are strongly required in order to clarify the origin of the ferrimagnetism and the ferromagnetism in the metallic states of these new systems.
Summary
We have shown novel electronic properties of alkali metal clusters stabilized in the nano-spaces of zeolite crystals. The properties are well explained by the electronic-shell model in K clusters arrayed periodically in zeolite A. The n-and temperature-dependences of g value indicate the orbital degeneracy of the 1p state of K clusters. Possible cation-arrangements of the clusters to realize the degenerated 1p orbital are also discussed. A rough estimation of SOI energy of the 1p state is given based on the Schmidt orthogonalized wave function. The anomalous increase in the magnetization at high magnetic field is explained by level crossing of LS multiplet terms in the degenerate 1p orbital. The origin of the ferromagnetic properties is interpreted in terms of spin-canted antiferromagnetism where the Dzyaloshinsky-Moriya interaction is expected to be strongly enhanced by the orbital degeneracy of the 1p state. The Mott-Hubbard type insulating state is realized by the large intra-cluster Coulomb energy compared to the inter-cluster electron-transfer energy. Magnetically ordered states of alkalimetal clusters in other zeolites are also discussed briefly from the viewpoint of the orbital degeneracy of cluster.
A wide variety of materials can be provided by the combination and control of host zeolites and guest metals. Novel electronic states of supercrystal (crystal of superatoms) realized in these materials open upon a rich field of material science.
